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ON GRAPH CONTINUITY OF FUNCTIONS
In 1977 Z. Grande introduced the notion of F-continuity for functions from (0,1) to R. Lately A. Zaliarescu called this type of generalized continuity appropriately the graph continuity. In this paper we will study the relation between graph continuous function / and continuous function g such
that G(g) C G(f). A fundamental result shows that for any continuous function g such that G{g) C G(f) and any point x of quasicontinuity of / we have f(x) = g(x).
In what follows A', Y denote topological spaces. For a subset A of a topological space A" sy mbols A and Int A denote the closure and the interior of A in a topological space A", respectively. If G(f) denotes the graph of a function f : X Y then G{f) denotes the closure of the graph of / in a topological space A* x Y.
The letters Q,I and 11 stand for the set of rational, irrational and real numbers, respectively. Now let us recall several definitions and basic facts which will be used throughout this note. If a function / : A" -• Y is quasicontinuous (almost quasicontinuous, cliqish) at every point x of A", then it is called quasicontinuous (almost quasicontinuous, cliquish), respectively. It is evident that every quasicontinuous function is almost quasicontinuous and if Y is a metric space, consequently every quasicontinuous function is cliquish.
Denote by: Cf (Dj) tlic set of all contiiuuty (discontinuity) points oi f, respectively and by Q / (Dj, A j) the set of all points at which / is quasicontinuous (almost quasicontinuous, cliquish), respectively. Remark 1. The following useful results can be found in [Ne] and [BD] . Let X be a topological spacc and Y a metric space. Then:
(1) Af -C/ is a set of the first category. Remark 2. We can generalize Theorem 1 in this way: "Let X,Y be topological space such that the cardinality of a family of pairwise disjoint dense subsets of A' is />: and that there is a dense subset of Y of cardinality fc. Then there exists a graph continuous function f :
Further we will study under which conditions there is exactly one continuous function g, such that G(fj) C G(f). First we prove the next essential theorem. Vo. This contradicts to the assumption that .To is a point of quasicontinuity of /.
The following example shows that the assumption U Y is a IlausdoriF topological space" in Theorem 2 is essential. The example above shows that Corollary 1 doesn't hold if instead of the quasicontinuity of / wc require only the almost quasicontinuity of /. Indeed / is graph continuous and almost quasicontinuous, however, it is not continuous.
Corollary 1 is not true if wc replace the assumption of the quasicontinuity of / by the assumption of the cliquishncss of / (of course Y is a metric space). This follows at once from Example 2. Function //(0,1/2) in the example is cliquish on (0,1/2) and graph continuous, however, it is not continuous.
But if wc use Theorem 2 in [BD] wc will obtain the next corollary.
COROLLARY 2. Let X be a topological space and Y a metric space. Then f : X -* Y is continuous if and only if it is graph continuous, almost quasiconlinuous and cliquish.
The next theorem gives a sufficient condition for a function / to be a graph continuous function and generalizes a particular result from [Gr] (see Remarque 1).
THEOREM 3. Let X, Y be topological spaces. L,et f : X -• Y be a function, g : X ->• Y a continuous function and A a dense subset of X such that f(x) = g(x) for x 6 A. Then f is a graph continuous function and g is a continuous function with property G{g) C G(f).
The following example shows that Theorem 3 doesn't hold if we require only the existence of a dense subset A of A" such that f /A is a continuous function. 
